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The principal aim of this article is to investigate Proclus’ interpretation of
the musical scale presented by Plato in Timaeus 35b4 ff., in the context of his
philosophical views on music. The Neoplatonic exegesis can be better under-
stood against the background of the Platonic-Pythagorean conception of mous-
iké inherited by the Neoplatonists, which corresponds to a wide noticn of music
that encompasses the harmenious order of everything in the universe. Harmony
in this sense is not only manifested as musical harmony but is present at all the
different levels of the Neoplatonic hierarchy of reality, functioning as a princi-
ple of unity and cohesion. At the same time, for Proclus, and other Neopla-
tonists such as Iamblichus and Syrianus, the harmony of the soul (harmonia un-
derstood in its technical meaning of “musical scale™), is an expression of the
creative power of “divine numbers”, The numbers of the Timaeus have a signif-
icance that goes beyond their mathematical meaning; mathematics is employed
analogically to express an intrinsic kinship between metaphysical principles and
their effects of beauty and order in reality.! Accordingly, a musical scale made
of harmonious numbers (ratios = logoi) makes possible the symbolic contempla-
tion (symboliké theoria) of the paradigms in their effects or images (Proclus, In
Timaeum 11.246.4-9 and In Rempublicam 1.198.18).

The use of mathematics and mythology as analogical ways of expressing
metaphysical principles reflects Proclus’ methodology of combining Pythagore-
an and Orphic (or Chaldean, Homeric, etc.) languages to depict reality as an in-
terconnected whole, where the unifying principle is manifested as an all-
pervasive intellective (noeric) energy or life that produces continuity in the mul-
tiplicity of physical reality and connects it back to the simplicity of the Intelligi-
ble. For example, Proclus calls this energy intellectual “fire” (Hymn 1.1; In Tim.
IT 43.30), or Apollonian light and “harmony” (Theol. Plat.V1.12 p.68,7-10; cf.
p-61, 7 and 15 and VI.17 p.83,9-12) and makes a correspondence between the

1 On the analogical value of mathematics in Neoplatonism see D. O’Meara, Pythagoras Revived:
Mathematics and Philosophy in Late Antiquity (Oxford 1989) 81-84 and S. Slaveva-Griffin, “Num-
ber in the Metaphysical Landscape” in P. Remes and 8. Slaveva-Griffin (eds.), The Routledge
Hanrdbook of Neoplatonism (Routledge 2014) 200-215. Cf. Proclus, In Crat. 6.2: “By ‘Number’, he
[Pythagoras] hinted at the intelligible order encompassing the multitude of intellectual Forms (transl.
Duvick).”
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Sun and the World-Soul, which is coordinated to the divine Intellect. Proclus
calls the World-Soul “coryphaeus™ (chorus leader, cf. In Remp. 11.238.20-21)
because it is the focal point of the cosmic accord of the Sirens.” In Plato’s ac-
count of cosmic harmony in the Republic (617¢c - d) each Siren sings one of the
eight musical notes of the octave, and these notes depend on an Apollonian par-
adigm. The Pythagorean connection between Apollo, cosmic harmony and the
Sirens can be found in Iamblichus’ Vira Pyth. XVIII, 82,12-13):

— What is the Oracle of Delphi?

— The Tetraktys; that is, the harmony in which the Sirens sing.

The Oracle reveals the source of metaphysical and cosmological truth (based
on an unseen principle), which is manifested (ekphainein) as light but alse as the
harmony of the fetraktys, which is behind the whole arrangement of the Uni-
verse (see p. 89 below; the ratios of the basic intervals are contained in the
tetraktys). The “splendid” voices of the Muses are comparable to the light that
raises the soul to Intellect, for Proclus (Hymn fo the Muses), who also connects
Apollo, the Sun, the light of truth and the power of harmonization, illumination
and uynification with the Intellect in /n Crat. 98.1-4 (cf. 78.24-25;90.17;101.9-
10; 90.17).

Music is made of tones {gr. fonoi, from the verb feiné = stretch) and these
tones epitomize the stretching energy that connects upwards to unity (in the Ne-
oplatonic hierarchy) and downwards, to the realm of multiplicity, connecting all
things. The Muses represent a more intellective unification than that of the Si-
rens, because they are harmonized to the musical activity of Apollo Musegetes,
who, on the one hand celebrates Zeus “with intellective songs and on the other
hand, maintains together (syrechei) the world in its entirety with indissoluble
bonds, moving together all things” (Proclus, In Remp. 1.57.8 — 23; cf In
Crat.102.12; 103.3.15). These bonds appear in the Timaeus of Plato (35a-3%¢)
as the musical proportions that constitute the World-Soul (proportion in general
is also depicted as “bond”; cf. Tim. 31c4 and In Tim. 11.15.13-30).

Historians of science often wonder why the Pythagoreans and Platonists did
not embrace a purely scientific language, opting instead for reintroducing my-
thology in their cosmology. For Proclus, the Pythagorean mathematical lan-
guage of the Timaeus is needed as a bridge in order to transcend external ap-

2 Proclus (In Tim. 1.202.15 fT.) mentions that Timaeus is called “best at astronomy” in the mamner of
the coryphaeus of Plato’s Theaetetus (173¢7), because he “pursues astronomy beyond the heavens”,
studying the invisible (metaphysical) causes of the ordering of the planets and stars “as one who imi-
tates the universal Demiurge, in whom the heaven and all the stars are present intellectively, as the
theologian says”. Proclus identifies the theologian poets with Orphism, and here he refers to Orph.
fr. 168.10-16 (cf. In Tim. 1.161.21-26). In this Orphic context, Zeus is the coryphaeus hol-
ding the beginning, the end and the middle of all things that exist. Cf. also Aelius Aristides, Oratio
VII.53.11, where it is said that Sarapis is the coryphaeus of the universe, and holds the beginnings
and the ends.
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pearances and reach the realm of essential reality. When he connects numbers
and musical notes with divine principles, he is not doing this because he has an
intellectual handicap and makes scientific progress difficult by reverting back to
mythological views instead of using a fully abstract/mathematical language. Ra-
ther than being an intellectual ballast, for Proclus, mythology (or Orphic theo-
logical language) provides us with a way of expressing the connective life of the
universe both as mathematical harmony and as “divine music”, without making
the universe a mere mechanical, lifeless, process.

1. The metaphysical causes of music and harmony

Different numbers and musical notes or intervals can portray distinctive
characters (idiotétes), which according to Proclus’ conception of causality have
their origin in the divine peculiarities of each Henad or God.* Proclus tries to
explain the origin of the universe in terms of the procession of the manifold
from the One or First Principle, and the Henads (divine unities) provide a bridge
between the absolute One and the “uynitary manifold” of Being (El Theol, 138)
in a way which is similar to the Pythagorean derivation of reality from number.
The Henads can be understood as aspects of the One, and thus, they are beyond
being (El. Theol.115; cf. 123).* In Proclus, the relation between Plotinus’ second
hypostasis (Intellect: nofis) and the One is mediated by the henadic realm, which
explains the causes of the three stages of the Intelligible, the Intelligible-
Intellectual and the Intellectual, This produces a triadic structure of three intelli-
gible triads, in which the first aspect is “existential” (hyparxis), the second is a
power (dynamis of procession and mediation), and the third is the determinate
product of activity (erergeia). As Gersh points out, these triadic aspects are
manifested all through reality as three stages, including: monad, dyad and triad;
remaining, procession and reversion; being, life and intellect, etc.

Proclus explains in In Timaeum 11.125.10 ff, how the structure of the section
of the Commentary dedicated to the origin and composition of the Soul (Psy-
chogony), is based upon different aspects within the nature of the Soul; and that
his exposition will follow different steps that correspond to those aspects. In the
soul, as in every spiritual being, there are the three aspects already mentioned:
essence (ousia), potency (dynamis) and activity (energeia). The essence of the
soul in turn has a triple nature: it contains substance (Ayparxis), harmony (har-

3 Cf EP. Butler, “The Intelligible Gods in the Platonic Theology of Proclus”, Methexis 21 (2008)
131-143, especially 137.

4 Cf E.P. Butler. “The Gods and Being in Proclus™, Dionysius 26: 93-113 (2008)

3 8. Gersh, “Proclus as Theologian™ in S. Gersh (ed.), Juterpreting Proclus: From antiquity to the
Renaissance (Cambridge 2014) 87-88 and 100-104.
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monia) and form (eidos understood as schéma).® The substance of the soul pre-
supposes its own mode of being, which is intermediary, made of intermediate
ingredients, between the indivisible and the divisible (intermediate Being, in-
termediate Sameness and intermediate Difference).” The mediation of the soul,
especially connected to the notion of “harmony™ as the second term in the triad
of its own ousia, can be coordinated with the notions of life and power, and es-
pecially with the second Intelligible triad, which is the paradigm of all media-
tion and connective life, by being in the middle between the first and the third
triads,

The first Intelligible triad corresponds to the first manifestation, in the pro-
cession of multiplicity from the One, in terms of the duality of principles known
as the Limit (peras) and the Unlimited (apeiron), and the combination of these
two principles produces primal Being as the mixed (mikfon, in the language of
Plato’s Philebus 16¢c-e), which in turn communicates limitation and infinity to
all beings, If we conceive this combination as harmony (in terms of Philolays,
Fr.6), we can observe that harmony is present both as a transcendent principle (a
hidden/causal harmony) that produces Being (in the first intelligible triad) and
simultaneously as coordinated within the mixed product (especially manifested
in the second and third intelligible triad}. This aspect of coordination is more
appropriately “musical”, because the structural divisions of the universe have
their origin in the Second Intelligible Triad, where the henadic power of the dy-
ad is manifested as the origin of discrete numbers (Theol Plat. TV.29.87-88; cf.
ElLThepl.113). At the same time, the continuity (surecheia) that encompasses all
things depends on the cohesive/connecting and mediating power of the same
Second Triad, manifested as the “space” or “continuum” where the manifold of
the Gods is contained, and identified as the origin of the “supracelestial place or
heaven” (the highest element in the intellectual realm, cf. In Parm. 1128, 34-
35).% Arithmetics would correspond to the study of discrete number, and music
(Harmonics) to the study of the relationships between numbers (dyadic relation-
ships, ratios, numerical-musical powers i.e. dynameis, middle terms or means,

5 In this context, form or figure are understood as the principle of outward form of the ontic product
of activity, while Proclus sometimes characterises form as ousiédés (according to essence), as a hi-
gher kind of form, which can be applied to musical harmony as providing noeric circulation and co-
hesion; or in connection with the form of the soul as a continuum, the category of space and the
geometrical nature of the soul (both linear and circular). This is related also to the Aristotelian defi-
nition of soul as form (eidos), but according to the perspective of Speusippus and Xenocrates, who
prefer to understand that the soul is the form of all bodies in & mathematical sense and not only, as in
Aristotle, a “form of living bodies alone”, as P. Merlan peointed out in From Platonism to Neoplato-
nism (The Hague 1968) 42-43,

7 C£. Plato Timaeus 35a ff; see also F.M. Cornford, Plato’s Cosmology: The “Timaeus” of Plato
translated with a running commentary (London 1937} 59 ff. and Proclus, In Timaewm 11. 139.32 ff.
and 155.1 ff.

% See E.P. Butler, “The Second Intelligible Triad and the Intelligible-Intellective Gods™, Methexis 23
(2010) 137-157 (especially 140-141).
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etc. cf. In Tim.I1.21.18-22-20). For the Pythagoreans, the derivation of number
and the mediation of music produced the whole cosmos, as Aristotle says

they [the Pythagorcans] saw that the modifications and the ratios of the musical
scales were expressible in numbers; since, then, all other things seemed in their
whole nature to be modelled on numbers, and numbers seemed to be the first things
in the whole of nature, they supposed the elements of numbers to be the elements of
all things, and the whole heaven to be a musical scale (harmonia) and a number. And
all the properties of numbers and scales which they could show to agree with the
attributes and parts and the whole arrangement of the heavens, they collected and
fitted into their scheme. (Mer. 985 b 23, transl. W, D. Ross)

There are echoes of this Pythagorean conception in Plato’s account of the
origin of the order of the heavenly circuits and their dependence on harmonic
circles and musical intervals within a World-Soul composed as a musical scale
(Timaeus 35b-37a). According to the Timaeus the universe is a kosmos (beauti-
fully arranged whole), as the result of a combination of harmonia (a harmonious
fitting together/attunement, from the verb harmottein) and faxis (order and regu-
larity). In the cosmological account of the Timaeus, the crafisman or Demiurge
is the divine cause that makes the world an ordered and well-arranged (fefag-
menon kai kekosmémenon)® production. The Demiurge, in order to pass the
quality of living orderliness from the model (Tim. 29A-30C) he is contemplating
to his creation, composes a World-Soul that operates as a mediator between the
intelligible model and the sensible productien (or physical universe), which is a
living copy or image (an animated body) of a living Paradigm. As a source of
beauty and life the Demiurge is called “poet and father™ 0

The numbers used by the Demiurge in the creation of the harmony of the
soul manifest an aspect of ordering but also an aspect of “life”. The Tetrad, as
Tamblichus says, is “pan-harmonious™ or “embracer of all harmony” (Proclus, In
Tim. I1.215.10-11), and simultaneously represents the principle of “intelligible
life”, manifested in the fourfold “animal” or “living being” (the already men-
tioned Paradigm of the Timaeus).

Since for Proclus, the Paradigm corresponds to the third Intelligible triad,
before looking at this in more detail, I propose to return to the topic of the origin
of harmony in the Intelligible triads. In Proclus’ system, Apollo appears in dif-

? In the Gorgias 503e, Plato defines “craftsman™ as someone who transmits a certain order and fit-
ting together of the parts te the production, arranging everything according to harmony. Plato uses
harmottein and the cognate verbs related to faxis and kosmos, mentioned here in brackets, also used
in the Timaeus and in the Neoplatonic commentaries. Cf. Proclus, It Tim. 1.285, 2; where he also
uses the verb “harmozé” = “fit together”, “harmonize”.

19 The Demiurge is called “poiétés kai patér” by Plato in the Timaeus (28¢ 3, of. 41a 7; cf. State-
sman 273b 1); cf. Proclus, In Timaeum 1. 311.26 ff. “Father” emphasises the aspect that corresponds
to the source of life and relates to the fact that the world is a living being, copy of a living intelligi-
ble model (Cf. Proclus, In Timaeum 1. 299.21 ff). This aspect also associates the Demiurge with
Zeus, who traditionally is the Father of gods and men (Cf. Proclus, f# Timaetm 1. 315.4-317.20).
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ferent triads of gods, especially in the triad of hypercosmic gods or the hyper-
cosmic-encosmic gods; and the “intelligible music™ proper to this god would
correspond to the level of the intelligible-intellectual. It can be say that music
(and its foundation in harmonious numbers) is prefigured at the higher levels,
according to its unitary cause, in a hidden manner (kruphifs)."! However, the
supra-essential mingling (coalescing = symphyomai) of peras and apeiron in the
first triad, and secondly, the origin of both number and the connectdedness of
life in the second triad, cannot be strictly speaking depicted as harmony. Never-
theless, the third triad, which represents the Intelligible Paradigm as Tetrad can
be depicted as source of all harmony and music. The first Intelligible triad is
“prior to being” and “prior to life”, the second triad is “life itself” or “Intelligi-
ble life” and the third triad is a determinate “something with life” (In
Tim.1.419.19-420.20). Proclus connects the procession of number and the pro-
cession of harmony, depending on a principle of Intelligible harmony, in the
same way as physical and psychic numbers depend on Intelligible numbers:

For according to the thought of Plato, Harmony Itself (auto-harmonia) is neither the
soul nor that which is in things that have been harmonised. Rather Harmony Itself is
uniform (monoeidés), separate and franscendent of such wholes as have been
harmonised — this alone is that which is said to be Harmony. But the harmony that is
established within things that have been harmonised is a harmony that belongs to
these other things and is “in another” and multiform and naturally such as to be
moved by something else. But the soul’s harmony is intermediate between these
harmonies, for the soul’s harmony is the first thing that is harmonised. [...] Since the
soul’s harmony is set beneath intelligible harmony, it is also subordinate to the
intelligible numbers. However, since it is superior to sensible harmony, it is also
superior to sensible number. So if it is necessary o say something generally about
each of these things, each one of them exists in a fourfold manner. In the case of
number, the first is divine, the second is substantial, the third is psychic, while the
last is physical. Of these four, the first is uniform (henoeidés); while the second is
changeless; the third is self-moving; and the final sort of number is such as to be
moved by something else. In the case of harmony, the first harmony is in god, the
second in the Being that really is, the third is in the soul, and the final case is the
harmony that is in the things that have been harmonised by something else. If,
therefore, it had been Plato’s intention to discuss the soul’s harmony now, he would
have said that it is an intermediate between the indivisible and divisible harmony. But
since he instead proposes to discuss the essence of the soul in the text that is before

11 ©f, In Tim. I,77.7: kruphids said about the shape of the universe. In general, what Proclus says
about shapes that belong to geometry as having intelligible causes, even above the Intelligible-
Intellectual, can be applied to the science of harmonics and music (cf. In Parm.1127.28-1129.9; cf.
also fn TimJI1.70.5-14). The circular and straight shapes of the soul (connected to “procession™ and
“reversion”) have their counterpart in the straight “movement” of musical octaves (represented by 2,
4, 8} and the returning movement of musical fifths (represented by numbers 3, 9, 27); cf. In Tim.
11.222.29-223.10.
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us, he said that it occupies an intermediate [position] with respect to [the gradations
of] Being, Sameness and Difference. (In Tim. 161.12-162.4, transl. Baltzly).

In this passage Proclus shows that there is a divine Intelligible harmony,
even prior to Being, which is divine and uniform (henoidés), followed by the
substantial (ousiédés) Harmony of Being and, subsequently, by the harmony of
the soul (psychic) and that of the physical universe.!? There is therefore a “musi-
cality” which depends on the Henads, and that should be one of the characteris-
tics shared by all the members of the Apollonian seira (cf. Proclus, n Crat. Sec-
tions 174.1; 174.34 = 96.1; 97.15-99.8 Pasq.), depending on that henadic dis-
tinctive peculiarity (idiotés) which is the source of the “ontology of music”. I
borrow this expression from Butler, who comnects it with the “musicaliy of
Apollo, which is founding for musicality as such”.”®

Proclus mentions the level “intelligible harmony™ again at In Tim. 11.295.2
ff. and in In Remp. 11.239.10, distinguishes between Apollo’s “noetic” harmony
and a “noeric” harmony proper to the intellective circuit of the muses. The Mus-
es (9 in number) lead over all different classes of Sirens. Apollo is the monad of
the Muses, accordingly the Decad (9 Muses + Apollo = 1) can contain the model
of the harmony of the spheres of the world, which in turn is depicted in the Re-
public as containing 8 Sirens. Thus, the ratio of the interval of tone (9/8) can
represent the relationship between noeric (9 Muses) and physical harmony (8 Si-
rens}. The ratio of the tone appears when we consider the interval of four as
containing two tones plus a semitone (leimma), or as the difference between a
fith (3/2) and a fourh (4/3). These two together compose the interval of octave
(2/1).

2. The Tetrad and the fetraktys

The Pythagorean school considered the tetraktys one of their more sacred
and valuable teachings about number. Tefraktys means in general a “group of
four things”, “quaternary” (quaternarius in Latin) or “tetrad” (as Hierocles un-
derstands it).”* The main tetraktys is as well the number ten considered as “tri-
angular number”, composed of the first four numbers unified as a tetrad that

contains in its cohesive power the decad because: 1 + 2 + 3 + 4 = 10. The ratios

12 Plotinus also mentions the Intelligible harmony (noété harmonia) in the Enneads (1.3.1.28;
11.9.16.39 and 1.6.3.28). This conception has its origin in Nicomachus and Thrasyllus, ¢f. Theon of
Smyrna, Exp. 46.20-47.10, where “aisthété harmonia en organois” is contrasted with “noéfé en
arithmois’. Thig numerical and intelligible harmony is also manifested in cosmic music (en kosmdi).
13 £.P. Butler, “The Third Intelligible Triad and the Intellective Gods”, Methexis 25 (2012) 131-50,
(see 132).

M The basic component of modal scales is the “tetrachord” (a group of four notes). The tetrachords
can be “conjunct” or “disjunct™; the tone of disjuncticn is the interval of fifth from above. See the
tetrachords of the scale of the Timaeus marked by square brackets in the Diagram in Appendix 1.

15 CL. In Carm. dur, XX, 45-8,
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of the main musical intervals are thus contained in these numbers: 2/1 (octave);
3/2 (fifth) and 4/3 (fourth).

The unity or monad on top of the diagram symbolizes the uniform character
of the Intellect {intuitive and non-discursive), followed by 2 other dots or peb-
bles. If we conisider them as arranged with the monad at the centre, the other

nine can be seen as surrcunding it.
[ ]

L
L L
o d ol

The decad presented in this fourfold form was a symbol in which the key of
the Universal Harmony was concealed and constituted a solemn oath for the Py-
thagoreans:

Ne, I swear by him who transmitted to my soul the Tefrakfys in which the fountain
and reot of the eternal Nature lie.'¢

The Tetrakiys epitomizes the Pythagorean conception of number as cause of the
arrangement of the World because it containg the source of the Cosmic Harmo-
ny, expressing in musical terms the source or the potency of life (the zoogonic
power of the tetrad).

In the Timaeus’® reworking of the account of the musical creation of the uni-
verse, Plate uscs a double fetraktys (cf. Theo of Smyrna, Exp. 93.25 1)), com-
prising two sets of four numbers or progressions that enclose the World-Soul
and its musical scale. The musical scale of the Timgeus unfolds from the first
number or portion (its monad} at the top, through the intervals of four octaves, a
fifth and a tone, following two numerical progressions (1-2-4-8 and 1-3-9-27)
that reach the numbers 8 and 27 as symbeols of solid realities. The seven num-
bers of the Timaeus were represented by the first commentators of the Timaeus
in an arrangement with the shape of the letter lambda “A”. This diagram shows
how the opposition of double and iriple (odd and even, depending on the princi-
ples of peras-apeiron) is harmonized in the transcendent Unity on top, and it
was attributed by Plutarch to Crantor (De An. Procr. 1027 d; of. In Tim. 1.171.4
and 192.25 where Proclus mentions also Adrastus):

2 3
4 9

§ 4 27

16 agtiug, de plac. I, 3, 8, Sextus Emyp. Math. 7.94-100 and 4. 2, Theon Smyrn, 87.5 If, 93.17 £,
Tamblichus, Vite Pythagorica 150.16 wnd 16217, ete, Cf. W. Burkert, Lore and Science in Ancient
Pythagoreanism (EMinar, transl.) (Cambridge, Mass 1972) 72 and 186 f£ and A. Delatte, ch. “La
Tetraktys Pythagoricienne™ in Etudes sur la Littérature Pythagoricienne (Paris 1915; reprinted in
Geneva 1974) 249-268, for the different versions of the oath. Proclus quotes the Carmen. Aur. verse
47: “gource of ever-flowing nature™ sbout the feiraktys.
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Another musical expression of the tetradic life in the scale of the Timaeus is,
according to Proclus’, its span of four octaves (plus a fifth and a tone). The pro-
cession of harmony follows three steps, from the Monad (hyparxis, ousia),
through the Tetrad (dynamis, life) towards the Decad (energeia, perfect prod-
uct). Proclus, following Syrianus, in his /n Timaeum 1. 432.16 ff. identifies the
Tetrad with the Intelligible-Living-being of the Timaeus, which is the Paradigm
of the order of the Universe, and the Decad with the Demiurge.'” In this sense
the Decad, as an actualization or manifestation of the enclosed potentiality of
the Tetrad (cf. In Timaeum 1. 432, 19-23), is a more expanded model for the cre-
ation of the World contained in the Demiurge.

Since the relation between these principles (the Tetrad and the Decad, or the
Paradigm and the Demiurge} can be mirrored down in the manifested world, the
following correspondence is appropriate as well: everything in the Intellect pre-
exists in monadic manner, the soul participates in harmony in the manner of a
tetrad, and the cosmos in the manner of a decad (In Timaeum II. 207.26). Both
the tetrad and the decad are contained, potentially, in the transcendent Monad,
which is the first principle of number that contains everything (also the even and
odd, principles of number identified with peras and apeiron) as in a seed, and
that proceeds firstly to the coordinated pair of principles: monad and dyad. This
analogy implies three levels of harmony:

And just as the monad is the cause of the tetrad, and the tetrad in turn is the cause of
the decad, in the same manner the intellectual harmony provides it to the psychic
harmony, which in turn conveys it to the harmony of the sensible realm (fz Timaeum
I1. 207. 28-30, transl. Baltzly).

In the context of the Timaeus then, the Demiurge contemplates the Para-
digm, the Tetrad, and he also looks to himself (because as demiurgic Intellect he
contains in another sense the Paradigm whithin himself, cf. In Timaeum 1. 431.
30 {f.). In the demiurgic intellection, the Decad takes part in the creation of the
World-Soul that will be in turn the source and archetype of order for the physi-

17 According to Syrianus (In Met.106.4-15) quoting & Pythagorean Hymn to Number, the Tetrad is
the model of all things, the Ideal Living Being, where all the Ideas/Forms are present “intelligibly™
and “tetradically” (noetés kai tetradikés); and they are conained “intellectually” and “decadically™
(noerds kai dekadikds) in the demiurgic intellect. Proclus referring to the same Hymn in his In Ti-
maeum, 1.316.17, depicts the “procession of divine number” from the Monad, to the Tetrad and after
it the Decad. The Decad is called in the hymn, Mother of all things and Universal recipient (pande-
chea). This can give an idea of how life is related to these divine numbers. The Tetrad comes from
the paternal Monad, and the Decad emanates from the Tetrad. Cf. O’Meara (n.1 above), 136 ff. And
Delatte (n. 16 above), 208 ff. Proclus, from ancther point of view compares the soul with the Heb-
domad (because it contains seven portions or main harmonic divisions) and the Demiurgic Intellect
with the Monad, in J# Timaeum II. 203.1 ff. A possible combination of both analogies can be consi-
dered if we consider that number 7 is the arithmetic mean between 4 and 10. On Hierocles’ views
about this doctrine, see 1. Hadot, Studies on the Neoplatonist Hierocles (M. Chase, transl.) (Phila-
delphia 2004), 63 ff.
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cal world, and the World-Soul itself depends on the paradigmatic numbers that
are contained in a concealed way in the Intellect (the Demiurge).

3. The Tetrad and the Intelligible-Living-Being

Proclus calls the Paradigm or Intelligible-Living-being, the “Living-Being-
itself” (Autozéion), commenting on Plato’s Timaeus (30c; 31b2). This Living-
Being is for Proclus the first thing that participates in Being and Intelligible life
or Eternity, corresponding to the third triad of the Intelligibles (See In Tim. 11
416.15 and especially IL419.16 ff.).1®

This paradigm is quaternary (tetradic; cf. Tim. 39e) and contains the potenti-
ality of all life and subsequently projects everything, as if it were bursting into
sound and vibration.”* According to the Orphic mythological account followed
by Proclus (1.427.6 ff)), the paradigm is compared to Phanes, a god with four an-
imal heads issued or manifested (ekphainein) from the silence of eternal and
transcendent Being, represented with the cosmic Egg, the source of all existence
and life in the cosmos. The Orphic Egg is an offspring of the combination of
Ether and Chaos, interpreted in a Pythagorean way by Proclus, as the principles
of Limit and the Unlimited, in terms of Plato’s Philebus 27d (cf. Proclus, PT,
11.9).

The Pythagorean version of the Orphic myth corresponds to a musical cos-
mology, because the combination of Limit and Unlimited is the result of the
workings of “harmonia” (e.g. Philolaus, Fr. 6). Thus, the fourfold Living-
Being-itself is the paradigm of harmony, identified with the quaternary source
for all musical intervals, the “tetraktys”, which contains all musical ratios, as we
have seen.

In the Timaeus, the ‘noeric’ Demiurge (the third term of the first triad of the
intellectual gods) looks to a ‘noetic’ Paradigm. There is a series of mirrorlike re-
flections, where the metaphysical principles beyond being (having the role of a

18 of Gersh (n.4 above) 102-103.

1% Another interesting aspect of the Orphic account of Phanes or Protogenos, is that the god awakes
(egeirein) and issues from the Egg making a sound (this cosmic awakening was expressed in musi-
cal compositions with what is known as “Ur-Musik”, according to Busoni’s views on the possibili-
ties of eveking primeval times with music. See J. Habron, “Sonorous Air: The Transcendent in Fer-
ruccio Busoni’s Aesthetics of Music” in Férdia J. Stone-Davis (ed.), Music and Transcendence,
{(London and New York 2015) 37. Proclus, quoting the Orphic myth, compares this primordial
sound of the fourfold Living-Being with the “bellows of a bull and the roars of a fierce lion”. This
sound is connected to the instrument called *“bull-roarer” or “rhombos”, dedicated to the goddess
Hecate, who is usually depicted by Proclus (quoting the Chaldaean Oracles, f1.32) as a source of Ii-
fe connected to the Living-Being-itself (cf. In Tim. 1.420.12 ff.} and the mother of the gods (Proclus,
Hymn, 6.1; 6.13). Michael Psellus in his commentary on the Oracles, frg. 206 (PG. CXXII. 1133a5).
mentions a wheel of Hecate that makes a drone, a whirring sound (rhoizos), which Psellus connects
to the Jynges, the divine birds and also theurgic instruments, which also represent the Platonic Forms
issning with a burst of sound from the Paternal Intellect.
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monad) appear reflected in the Tetrad of the Intelligible level, and secondly at
the intellective level of the Demiurge and his creation of a World-Soul, which is
also tetradic and the model of the harmeny of the world. Because of the analo-
gous character of Neoplatonic metaphysics and cosmology, the Demiurge is
Decad in relation to the Paradigm (and the Paradigm is Tetrad in relation to the
Monad of Being), but the the Demiurge is Monad for the Soul, which is Tetrad
now, while the cosmos or physical universe is Decad, as a perfect creation.

The Intelligible harmony contained in the Tetrad (or fefraktys) is closely
connected with the notion of Intelligible life and its continuous “procession”,
and also with the idea of cosmic sympathy and friendship, which has its source
in the harmony of the Soul (cf. Plotinus, Enn. IV.4.41.1 and IV .4.8.56, and Pro-
clus, In Tim. 1.18.1-2; In Remp. 1.288,6-289-6).

The Pythagorean Ocellus Lucanus, fr.1 (Stobaeus, Eclog. PhysI.16) ex-
pressed the following view about the interaction of life and harmony:

As life contains (synechei) the bodies of animals, whose cause is the soul, so
harmony, connectedly, comprehends the world, whose cause is God. Likewise
concord unites families and cities, whose cause is the law.

Music and harmony can convey the connection with essential life, primordi-
ally present in the Intelligible world and diffused through the universe thanks to
the Demiurge, conceived as “father” and identified with Zeus, son of Rhea the
“mother of the gods”.

It is the harmonious structure made according to the art of the demiurge,
who is a “poet™ or “creator”, that guarantess the flux of life from the Paradigm,
and since the Demiurge transmits this life to the Soul, he is a “father”.? Proclus
connected life with proportion (/n Timaeum I1. 24.5 ff.) and since life is the co-
hesive activity of Soul and Intellect, proportion in general was related to the
“geometrical” proportion (analogia) which is the basic one that was known as
“continuous”, showing the continuity of the universe and the sympathy between
all its parts.

The sound proferred by Phanes (symbolized with the inarticulate voice of an
animal or the voice of an element such as fire or wind), represents the Paradigm
as a source of pre-cosmic vibration (previous to a manifestation of the musical
ratios), which has the all-potentiality to become all sounds (as the whole string,
the length of a tube and also a drone can represent the unitary and continuous
musical and vibratory space where — or in relation to — the notes of the scale can
be differentiated). The tetrad is the “potency” of the “decad” and corresponds to
cosmic life and cosmic sympathy. Accordingly, the space opened by the four
octaves represents the potentiality for the other divisions, the fifths and fourths
(and tones and semitones), in a more derterminate level.

2 Gee n. 10 above.



90 The Metaphysical Meaning of the Musical Scale...

Proclus mentions the unity in multiplicity of the cosmos and compares it
with the unification of partial sounds in a common sound:

So this cosmos too is a composite living thing, emitting different sounds from
different parts of itself and a single [sound] from all of its parts [together]; for it also
is a manifold ‘one’ (In Tim. 1. 429.19-21, transl. Runia and Share).?!

3. The triadic structure of harmony and the mediation of the Soul

Dillon, in his edition, franslation and commentary of the Fragments of
Iamblichus’ Commentary on the Timaeus, presents a very helpful diagram in or-
der to explain Iamblichus’ views on the seven numbers of the Timaeus,”

I propose a simplified version of this diagram here:

1 moné
prohodos 2 A 3 epistrophé
4
9 moné
prohodos 8 27 epistrophé

All the numbers are contained in the Soul, as Dillon points cut, but the me-
diating tetrad represents properly the Soul (as pan-harmonious fefraktys) be-
tween the Intelligible (préfos diakosmos) and the sensible (deuteros diakosmos)
mentioned by Iamblichus (see Proclus, /n Tim. 11.132.10 for the contrast be-
tween the Intelligible world and the secondary manifestation). This is the pas-
sage where Proclus refers to Iamblichus (Fr. 53 Dillon):

The divine Iamblichus celebrates these numbers with all his power as things with the
causal efficacy to bring about certain wonderous properties. He denominates the

21 Cf 11.305.7-21, where Proclus says that the World-Soul antecedently comprehends (prolamba-
nein) all sensible things, and for that reason the universe is one living thing and sympathetic with
itself, “so that all the things that have come to be are parts of the life of the world as if it were a sin-
gle drama.” Although there are different speeches and the voices of all the players, they are all con-
tained in the voice of the poet. The World-Soul, “like a many-headed creature, speaking through all
its heads (some in Greek, some in barbarian tongues), encompasses the causes of all the things that
come to be, knowing the particulars by means of universals, the accidents by means of essences, and
the parts by means of wholes, all things in a simple manner thanks to the divinity within it”.

2y Dillon, famblichi Chalcidensis, In Platonis Dialogos Commentariorum Fragmenta (ed., transl.,
and comm.} (Leiden 1973) 332, Iamblichus, Fr. 53.
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monad [1] as a cause of sameness and unification, while the dyad [2] is able to
provide for procession and differentiation. The triad [3] is such as to originate the
reversion (epistrophe) of things that have proceeded. The tetrad [4], in turn, is
genuinely pan-harmonious, since it includes within itself all the ratios and exhibits
within itself a secondary cosmic order. The ennead [9] is productive of true
realization (teleidsis, perfection) and of similarity, since it is completely composed
from complete parts [3 x 3 = 9] and participates in the nature of the Same. The
ogdoad [8] he calls the cause of procession to all things and progression through all
things. It remains for the eikosiheptad [27] to be such as to produce the reversion of
even the last of the things [that have proceeded], so that on each side of the tetrad [4]
there might be [a causal influence that corresponds to] remaining, procession and
reversion — in the first case [i.e. in 1-3] it exists in a primary way, but in the other
case in a secondary way. For the 9 has a kinship (syrgeneia) with the monad, since it
is a ‘new one’. The 8 comresponds to the dyad, since it is a cube from it [2 x 2 x 2],
and 27 corresponds to the triad for a similar reason [3 x 3 x 3]. Through the prior [set
of correspondences], he grants to the simpler beings [a capacity for] remaining [in the
cause], proceeding [from the cause], and reverting [upon the canse], but through the
secondary corrrespondences he also grants them to the things that are more
composite. The 4 is a mean, which is explained by the fact that, since it has four
sides, it has the [stable] characteristic of remaining. But because it is an even times
even number, it has the characteristic of proceeding. And then, because it has been
filled with all the logoi coming from the monad, it has the characteristic of reverting.
These are symbols (symbola) of divine and ineffable things. (7rn Timaeum 11.215. 5 -
215. 29, transl. Baltzly)

The first triad (or triangle in the diagram) represents Being as the first prin-
ciple of manifestation, with the Demiurgic Monad on top (and permanence,
moné), which in terms of harmony corresponds to Apollo, and it is the source of
unity for the soul represented with the tetrad and the sensible universe (the low-
er triangle). Number (2) and (3) represent power, life and procession, and ener-
geia, intellect and reversion respectively.

Although Iamblichus is studying all these numbers within the Soul, the num-
bers reflect principles higher than the soul and since the soul is an intermediary
reality, the numbers and proportions in the soul reflect its position and relation
with the higher numbers, and also on the other hand with the following levels of
reality because mathematical objects ir the Soul are the paradigm of the physi-
cal numbers and harmonies.

The first portion (1) or term appears in its musical representation as the first
note of the descending scale of the Timaeus, source of the subsequent octaves
and fifths/fourths. The dyad (2) is provider of procession and differentiation.
Procession corresponds to overflowing and unlimited intelligible Life, which
produces everything as from a full source, generating the musical octaves (the
double progression); this shows that procession is made through similar and dis-
similar things, expressed in the fact that an octave is the same note in a sense,
but it is different because it is placed at another level (octave). The relation 2/1
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shows then the generative power of the dyad; the produced musical note (2) is
similar to its cause (1), but it is at the same time different, in another position on
the vertical line of the scale.

Music expresses the containing/cohesive aspect of return in relation to num-
ber (3), acting as limit, in the interval of fifth (cf. Proclus, In Timaeum.
11.222 29). The fifth is originated between 2 and 3 (3/1 is more precisely an oc-
tave + a fifth) and symbolizes the return through Intelligence. The fifth is pre-
cisely the interval that defines (gives limit to) the new notes that come into view
in the Scale (for example the passage from E to A; the A is already a new de-
fined note, not an octave of the same note).” Consequently, the fifths “return”
and this makes them capable of symbolizing the metaphysical conversion to In-
telligible being and towards the first term or monad, which represents the One
a8 the Principle of Unity for everything. The ratio of the fifth is composed of 3
and 2 (3/2), and if we add or multiply these two numbers the result, i.e. 5 or 6,
corresponds to cyclic numbers; five is an image of the circle of the Intellect, six
an image of the circle of the Soul (In Tim. 11.233.17-20).

Number 3 and the fifth are the cause of definition for the musical notes, that
otherwise will follow their progression in the direction of “dissimilarity”, fol-
lowing the tendency of the apeiria in its sense of division into the infinite, that
is a derived infinite, and not the original Infinite that is without form because of
being above form. But there is ancther lack of form, identified with matter, as a
deficiency and dispersion. In this sense the method of musical tuning (in fifths)
is an image of the “method” needed for the particular soul to achieve an encom-
passing harmony and concentration into the hesfia {the modal centre, or key-
note, of the scale in which one is playting) of Nous represented in the first Mon-
ad, and not get lost in dispersion.

The tetrad (4) is the complete harmony (pan-harmonious) because it contains
all the musical intervals: the fetraktvs as the sum of 1 + 2 + 3 + 4, As we have
seen, it contains the octave: 2/1; the octave plus fifth: 3/1; the fifth: 3/2; the
fourth: 4/3; and the double octave: 4/2. Tamblichus says also that the Tetrad is

B For us, according to modern music theory, another aspect of the triple progression/reversion of fi-
fihs would be that the fifths are ordered in a cycle called the “circle of fifths”, which was also a
theory known by the Aneient Chinese theorists. S8ee Burkert (n.14 above), 471, who compares Py-
thagorean harmonics with Ancient Chinese musical cosmolegy, where similar correlations were
made between 3/2, 4/3, male-female and Yin-Yang, quoting Granet, La Pensée Chinoise (Paris
1934), 230 ff. On the relation between Pythagoreanism and Chinese philosophy and music see also
J. Needham, Science and Civilization in China, Vol.2 Section 13.d.4 “Pythagorean numerology™ and
Vol.4 (Section 26.h on Acoustics with K. Robinson; W.Ling, collaborator) (Cambridge 1956 and
1962) and L. Laloy, La Musigue Chinoise (Paris 1903) 39 and 45. Sometimes the “Pythagorean me-
thod” of the generation of the scale or the “method of concordance” used for tuning the lyre are con-
nected to this theory, cf. Barker, Greek Musical Writings If: Harmonic and Acoustic Theory (Cam-
bridge 1989) 33 note 22; 49. The ascending fifth and the descending fourth are also mentioned as
sources of definition for the periodicity in the arrangement of the cycles of the days of the week and
the seasons, etc (see Dio Cassius’s Roman History, XXXVII.18-19; Plutarch, De An. Procr. 1028 E-
F and Aristides Quintilianus, De Musica, 111, 19, p.119, 15-18 W-L).
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the beginning of a secondary cosmic order (deuteros diakosmos), which would
correspond to the following triangle, where number 9 acts as monad. The enne-
ad (9) is provider of real completion and sameness. It is the result of perfect and
similar parts: 3 x 3. It participates in the nature of the Same and it is like a “new
one” (after the etymology: “hen neon),” because it has an analogous place to
the first monad, having the position of moné or permanence in this last triad (9;
8; 27).

The ogdoad (8) has a position analogous to the dyad, because it belongs to
the double progression, as cube of 2 (2 x 2 x 2). It i5 also, like the dyad, cause of
procession; but while the dyad is cause of procession as an image of the infinite
potency of the Intelligible in the Soul (the dyad represents procession of higher
realities, 1.¢. the more simple beings), the ogdoad is cause of procession in gen-
eral and progression (represented in the geometric progression) through all lev-
els (since it represents in the Soul the causes that proceed to the levels that are
lower than the Soul; towards more composed beings).”

The eikosiheptad (27) is provider of conversion for the last beings, because
is the last term of the triple progression and a cube (3 x 3 x 3). It plays a role
similar to the ogdoad (the source of procession until the last beings); and it is the
symbol of the providence of the Soul over the sensible, that causes to return and
carries off (uplifts) with itself even the realities more distant from their Princi-
ple.

Procession must have a limit (peras) in order to make the World a “cosmos™;
and for this reason the progression of the Timaeus ends in number 27, a number
of the triple progression, which shows the position where the return of the cor-
poreal realities takes place. Cubic numbers, also known as “solids”, represent
the realities of three dimensions. The ogdoad, the cube of two, represents the
procession towards three-dimensional realities; the eikosiheptad, the return from
them.?® Number 27 corresponds to the last note of the Timaeus scale understood
as a diatonic scale in descending Dorian mode. If we start from an “e”, this note
is a “g”, which as we shall see below, corresponds in different cosmic scales to
the note of the Earth.

The three levels of Iamblichus’® diagram can be summarized as 3 + 4 + 3
(two triangles and a mediating tetrad) = 10 (the perfect Decad). It is interesting
to note that if the monad of the first triangle corresponds to Apollo, the nine as

Her Proclus, In Remp. 11 4.20 ff, and Hermeias in Phdr. 90.27 quoted by Dillon {(n. 22 above) 235,
% The ogdoad is an image of the dyad because it belongs to the double progression of the octaves,
which corresponds to the geometric progression that ends in solid geometrical bodies.

% On the spiritual whole before the parts cf. Proclus, In Parm., VI, 1097.21 — 1110.15 y 1112 -
1114; and Elements of Theology Props. 66 — 64; cf also E.R. Dodds’ commentary in 236 f. of The
Elements of Theology (ed. and transl) (2" edn., Oxford 1963), for an explanation of the distinction
between kinds of wholes: a) “the whole before the parts” b) “the whole of parts” and c) “the whole
in the part”.
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“new one” corresponds to the Muses, which act as the noeric monad for the sen-
sible harmony of the Sirens (represented with number 8, as mentioned before).

If we add up 1+9+8 we get 18. The symbolism of 18/16 as double of the ra-
tio 9/8 symbolizes a more secondary level in the procession, and can be related
to an account that Proclus gives of the spheres of the world in /n Remp. I1. 238,
23, distinguishing celestial Sirens (a monad followed by a hebdomad = 1 + 7)
from Sirens attached to genesis. He refers to a Chaldean theory (Or. Ch. 22.3)
saying that the Theologians multiply by two the celestial zones, when alluding
to the sublunar region (2 + 14 = temrestrial Sirens). The Muses produce an “intel-
lecual harmony (noera harmonia)”’, while the Sirens produce a bodily concord
(harmonia somatoeidés). If we add all these numbers, taking into account also
Apollo as the highest monad, we have 34 terms:

Apollo = 1 + Muses = 9 + Celestial Sirens = 8 + terrestrial Sirens + 16 = 34.

This number (34) is the total of notes contained in the Timaeus scale accord-
ing to an interpretation mentioned by Proclus:

Al the musical scales involved in the generation of the soul involve 34 terms, or else
36 terms through the inclusion of the apotome [Timaeus of Locri] [...] if the number
of terms in the soul is 34, it nonetheless turns out that this number too is fitting to the
soul — if indeed the unit is Intellect (as it is indivisible), but the cosmos is the number
10, then the soul is 4. For this reason, all number proceeds ‘from the undefiled depths
of the monad’ — up to the sacred tetrad, which has given birth to the mother of all, ...
the undeviating one, the unwearying one; they call her pure decad.

The tetrad has sides that form a dyad, and when we take the square twice and add the
[dyad] of sides, we get the aforementioned number [2x4?+2=34], while the number
34 is an imitation of the soul when it pluralises itself from itself together with the
appropriate generative power. But if the soul is composed from the second epogdoos,
i.e. from the 16 and the 18, then here too the number 34 would result since the tone is
also particularly appropriate to the soul. This second epogdoos, since it forms the
paramesos between the intervals that are in tune and those that are not, is appropriate
to the intermediate [nature] of the soul, and generally characterises the diatonic genus
in terms of which the whole soul has been harmonised. (Iz Tim. 11.233.9-234.4,
transl. Baltzly)

Both the relationship between ¢ and 8 (according to the ratio of the tone, the
epogdoos = 9/8) understoed as we have seen as representing the relationship be-
tween the Muses and the Sirens of the Republic, or as Proclus says here, consid-
ering the relationship between 18/16 (the second epogdoos), are significant for
understanding the amount of musical notes in the scale, and especially why is
this connected with the Soul as mediating and harmonizing power in the cos-
mos. As Proclus says, the relationship between 18 and 16 represents the tone in
the middle of the whole system of the scale of the Timaeus, note 18 being the
“paramesé” and 16 the “mesé”.

The paramesé is the string (or the name of the note) which in the Lyre
makes an interval of tone (9/8) with the mesé or middle note, a characteristic
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that is appropriate to the intermediate nature of the Soul. If we have in mind that
it is possible to represent the Harmony of the Spheres in this octave, the notes in
the extremes represent the Heaven and the Earth (or the Moon, depending on the
sources). The Soul in the Middle is represented with the position of the Sun
(mesé or paramesé), having the intermediate place between the Intelligible and
the material world in an analogous manner with the Sun being in the middle of
the spheres in the Pythagorean and Chaldean tradition.?’

We have the testimony of Ptolemy that shows not only the identification
paramesé = Sun in Harmonics T1.16 (111),® but what is more remarkable is
that in the Canopus inscription ascribed also to Ptolemy,?” an identical scheme
of the spheres of the world is depicted but this time with numbers on the side,
and 18 and 16 are precisely the numbers attributed to the interval between the
paramesé and the mesé that correspond to the spheres of the Sun = 18 and Ve-
nus and Mercury = 16.*° Proclus follows then the same scheme when he says
that the Soul associated with number 34 as 18 + 16 is identified with the second
epogdoic interval 18/16 that corresponds to the note paramesé. The only differ-
ence is that in the astronomical version the Sun corresponds to that note, and in
Proclus’ metaphysical account it is the Soul that corresponds to it, but this is ap-
propriate due to the analogical relation Sun/World Soul.

For Proclus, the harmony of the soul, being intermediary, reflects the triadic
division of the universe into intelligible, sensible and the middle position of the
soul itself. Accordingly, Proclus classifies harmony in a triadic manner:

intelligible harmony is manifested in a three-fold way. First there is Harmony Itself.
Then there is that which has been harmonised in the primary manner and is this way

7 In Theon and Proclus the Sun represents the Heart of the World (Cf. Theon of Smyrna, Expositio
Ch 33, 187.13-188.5 Hiller; Proclus, Hymn fo Helios, 5 ff and Macrobius, Jn Somnium Scipionis, 1,
XX, 6. Cf. also and Julian, Oratio IV, “To the King Helios™, 134b). Accordingly, the “heart” sym-
bolizes appropriately the presence of the Nofis in the middle of the Soul (the Nofs has a supra-
rational and non-discursive quality represented with the central point of the circle, which is the as-
trological symbol of the Sun), and this is probably why Proclus says that the paramesé corresponds
to the Soul and not exacly the mesé: showing with the interval between mesé and paramesé the rela-
tion between the Soul and the presence of the Nous within the Soul. Plato himself uses the word
mesé in the Timaeus (36b) when he says that the Demiurge bends the Soul in the middle; since this
word is used in the context of the harmonic mix of the Soul, the musical meaning of the word can be
evoked, and it does not mean only a determination of the space.

28 Cf, Barker (n. 23 above) 390-391 and diagram in note 90, Cf. also Nicomachus, Enck. c¢h 3 (iext
10 in Barker) and Aristides Quintilianus, De Mus. Book III, ch. 22 (text 12 in Barker).

B ¢f Barker ibid., 390 note 89; Inscription included in the Teubner edition of Ptolemy’s works, ed.
J.L. Heiberg, Leipzig, 1898-1907. There is a provisional translation as “Ptolemy’s Canobic Inscrip-
tion” by Alexander Jones in hitp://www.chass.utoronto.ca/~ajones/ptolgeog/ astroworks.html.

30 The correspondence between Mercury and 16 can show also the usual association between num-
ber 4 and Hermes (born in the fourth day cf. Homeric Hymn 4, 19), as in the case of the Lyre of four
strings (Nicomachus, apud Boethius, fnst. mus. 1.20), ete. For this reason, the number 16 (4 x 4} can
be appropriated for Mercury, who corresponds tc the awakening of the presence of the divine logos
within the Soul.
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throughout the whole of itself. Third, there is that which has been harmonised in a
secondary manner and participates in a way in harmony. One must refer the first to
Intellect, the second to the Soul, and the third to the Body. ({n# Timaeum 11, 295, 3-7,
transl. Baltzly with some changes).

The harmony of the soul mirrors the intelligible harmony and it is at the
same time the closest cause and paradigm of the order of the world. Proclus is
applying a general metaphysical principle stated by him in his Elements of The-
ology:

Every soul is all things, the things of sense after the manner of an exemplar and the
intelligible things after the manner of an image. (Prop. 195, transl. Dodds)

Therefore, all levels of reality must be reflected in the musical scale of the
Timaeus, which can be understood as a symbolic ladder that leads from the sen-
sible harmonies to the intelligible harmonies and the Cne (cf. Proclus, /n Ti-
maeum, 1, 58,27 {T).

4. The musical scale of the Timaeus as containing the Intelligible,
the intermediary Soul and the harmony of the physical universe

The three levels of harmony reappear in this text already quoted partially,
which follows the Pythagorean formula of development or derivation “Monad-
Tetrad-Decad™:

Accordingly the Soul contains the first principles of the harmonious procession
(enharmonios prohodos) and reversion, and the first principles of the division into
first, middle and last things, and is a single intellectual proportion (logos noeros) that
has been filled up with all of these ratios. Moreover it is consistent (symphdnon) with
these things that its entire harmony [scale] is a concord consisting of four octaves, a
fifth and a tone. For since there is a harmony among the things in the cosmos, and
among the things in Intellect, and in the Soul — because Timaeus says that it
participates in harmony [Timaeus 36 e 7] and is a harmony (37al) — the cosmos
participates in harmony in the manner of the Decad. The soul, on the other hand,
participates in the manner of the Tetrad, in the harmony that pre-exists
(prohyparchousés) in the manner of the Monad in the Intellect. And just as the
Monad is the cause of the Tetrad, and the Tetrad in tum is the cause of the Decad, in
the same manner the Intellectual harmony (moera harmonia) provides it to the
psychic harmony, which in turn conveys it to the harmony of the sensible realm. This
is why Timaeus tock the range of four octaves to be proper to the harmony of the
soul: because it is a close paradigm of the harmony in the sensible realm. (/»
Timaeum 11.207.18-32, trans]. Baltzly)

Here Proclus presents the mirroring of the Tetrad in the Soul as the cause for
the scale containing mainly four octaves. After this text, Proclus explains the
following interval needed in the Timaeus scale, the fifth, as having a harmoniz-
ing power. According to this, the musical fifth “provides the cosmos with the
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concord which is in its parts”.*! Next to this he mentions the tone (9/8) and pre-
sents the connection of all the principles of numbers, Monad, Tetrad, Pempad
and Ennead (that contains also the Octad) with the parts of the Universe symbol-
ized in the relation between Apollo, the Muses and the Sirens (1-9-8):

It was for this reason that the ancients set the Muses and the Apollonian Conductor
[Apollo Musegetes] to rule over the universe. The one being the director of the choir
[song and dance] provides a single unification of the entire harmony while the others
hold together its divided procession and bring their own number into harmony with
the eight Sirens in the Republic (617b). (In Timaeum II. 208, 9, transl. Baltzly)y*

Proclus says (In Timaeum 11.170.2) that the Scale is composed of four oc-
taves + one fifth + one tone.*® If we add the ratios of these intervals (remember-
ing that addition regarding intervals is multiplication), we can see that they add
up to 27:
2*x3/2x9/8=27

He also mentions (I1.188.25 ff)) that the scale is in the diatonic genus (and
that Plato does not mention the apotomé used by Timaeus of Locri), and conse-
quently it should contain tetrachords or fourths composed of two tones (9/8) and
one leimma (256/243). For this reason, the scale consists of 34 terms only (com-
prising 24 tones and 9 leimmata, cf. 11.187, 13). Proclus also takes into account
that Porphyry considered the scale to be a plurality numbered and harmonized
according to the diatonic genus (In Timaeum 11.214.25 — 30).**

This division and harmonization of the portions is done according to divine
paradigms:

[The Demiurge] divides the soul by virtue of the portions, and harmonises the things

that have been divided, and brings about their concord with one another. In doing

these things, he is active at one and the same time in both the Dionysian and

Apollonian manner. For to divide, to convey wholes into parts, and to preside over

the distribution of forms is Dionysiac. But to harmoniously bring all things together

into something complete is Apollonian, Therefore, since the Demiurge simulta-
neously encompasses within himself the causes of both of these gods, he also divides

31 We have mentioned the returning and enclosing power of the interval of fifth. According to Pro-
¢lus all intervals are bonds and can represent the binding capacity of the metaphysical principles; we
emphasise the cohesive capacity of the fifth according to the reasoning presented above and also be-
cause we interpret the scale as having an intermediate trangitional fifth, As we shall see, Proclus
seems to locate the interval of fifth in the middle of the scale (cf. I1.207.32 and I1.107.10). Also, in
the In Tim. II. 234-235, Proclus mentions the fifth as representing the whole (the fifth solid), which
encompasses the other four cosmic solids {(cf. Plato, Timaeus 54d-55¢).

%2 on Apollo, the Muses and the Sirens cf. Proclus, fn Crat. 176.65-71 and In Remp., 1.69.10; II.
68.4; IL100.5.

3 Cf. also In Timaeum IL187.15; 207, 21 and 234, 7.

* The scale of the Timacus propesed by Proclus is also in the diatonic genus. Cf. A.E. Taylor, 4
Commentary on Plato’s Timaeus (Oxford 1928), 143. Proclus follows Plato’s Leches 188d and
gives especial importance to the Dorian mode (Zn Remp. 1.57.8), therefore the Timaeus can be inter-
preted as proposing a descending diatonic scale in the Dorian mode.
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the soul into parts and harmonises it, for the number that is common to both of these
is the Hebdomad, since the theologists say that Dionysus was divided into seven
parts:

All the parts of the lad were into seven divided (Orph. frag. 210)

And the Hebdomad is referred to Apello since it is such as to connect all the
concordances, for the double-octave is one monad, one dyad and a tetrad, which add
up to seven, (IL.197.15-30, transl. Baltzly)

The double-octave (1-2-4), contains ratios composed by numbers that add up
to seven (first octave = 2/1 and the second octave = 4/2). It can be said also that
there are seven notes in two tetrachords taken together corresponding to a sev-
en-stringed lyre dedicated to Apollo.*® Planetary scales are usually composed by
these seven notes and the note that completes the octave, which corresponds to
the sphere of the fixed stars.*®

The importance of the double-octave can be appreciated if we consider the
first two octaves of the scale of the Timaeus, taken in descending order from
number 1 to number 4 (or between numbers 384 and 1536, used by Proclus and
Timaeus of Locri),” as the paradigmatic tetraktys (see Diagram in Appendix 1).

35 Nicomachus planetary scale in Ench. ch. 3 contains two conjunct tetrachords in the diatonic ge-
nus, see Barker’s diagram in (see n.23 above) 253 note 28. Nicomachus’ planetary scale spans only
a seventh, not an octave as in other authors who include the sphere of fixed stars; Philolaus’ scale,
explained by Nicomachus in ¢h. 9, as having only seven notes, spans a full octave (see note 70 ad
{oc. in Barker, and cf. n. 34 on p. 37). The seven notes of Nicomachus’ tetrachords correspond to the
seven planets; the invention of the complete octave system is attributed by Nicomachus to Pythago-
ras (ch.5); this eight-note cosmic system allows the inclusion of a note for the Heaven of fixed stars;
in this case the eight notes correspond to the “ogdoad”, called “embracer of all harmonies™ and
“Cadmeia” (Theol. Arith. 73). Although the Earth is usually silent, however, a note for the Earth can
be found in extended versions of the planetary scale, If these cosmic scales span a double-octave, the
second octave corresponds to metaphysical or supracosmic levels (Muses, etc.). The different oc-
taves of the Timaeus, can be interpreted as containing different levels of reality; its long range con-
tains levels above the heaven, a heaven of heaven, assigned to higher states of being.

36 1t can be said also that an eight-note scale contains only seven intervals or ratios, as Proclus says:
“the intervals are one less in number than the terms”, In Timaeum 11.187.14.

¥ This number 384 was used by Crantor (Plutarch, De An. Procr. 1020 f£)) and Theon of Smyrna
(Exp. p.153) and it is “the lowest number on which Plato’s entire series can be built in integers”,
J.Haar Musica Mundana, Variations on a Pythagorean Theme, PhD dissertation (Harvard University
1960), 10. Adrastus probably used these numbers (he used three successively larger triangles with
different numbers, the primary series, the insertion of the means and the completed series, cf. Pro-
clus, In Timaeum IL 171.4). Cf. Also Haar, ibid. p. 21. Severus preferred 768 as base number and he
finished his scale with a leimma, (In Timaeum 11.191.1 ff)). Proclus says he is using the same num-
bers than Timaeus of Locri (I» Tim.I1.188.9): “But since Timaeus the Pythagorean (96b) says that
there are 36 terms in the scale and he takes as endpoints the same numbers as Plato — 384 and 10368
— then in order that there should be no inconsistency, let’s see how the remaining two terms have
been inserted”. Timaeus of Locri, in his sequence made of 36 terms, adds two numbers: 2187 and
6561, which express twe gpofomai 2187/2048 and 6561/6144 (and also includes 4374 and 8748);
consequently Timaeus® scale has as the total addition of all terms = 114,695. Proclus has 4374 and
8748 both B flats (B »), instead of 4096 and 8192 {and leaves out 2187); total addition = 105,947,
see In Tim. 11.236.9; cf. 11.170.31. For Proclus, 384, being the product of 6 multiplied by 64, is sui-
table for the Timaeus scale, because six a symbol of the Soul (/. Tim.I1.233.12). 64 is in the ratio of
9/8 (tone) with 72, which is another meaningful cyclic number. As J. Dillon points out, 64 is the cu-
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If we take into account Proclus’ suggestion that number 34 (the total amount of
notes/terms of the scale), can be divided into 18 and 16 terms; then the first 18
terms will take us until note 2048 (paramesé = musical note “b”; or 2187 if the
b is flat); and the next 16 terms will start in note 2304 or number 6 = 2304/384),
which is the arithmetic mean between 3 and 6 (or between 1152 and 3456). This
number 6 or 2304 would mark the mesé of the whole scale of the Timaeus. The
double octave (1536/384) which is above the World-Soul —itself properly
reprented in the region of the interval of tone between mesé and paramesé
(2304/2048)—, would then symbolise the Intelligible harmony of the tetraktys
(1-2-3-4; taking into account that 384 corresponds to 1 and 1536 to 4 in the orig-
inal set of numbers of the Timaeus).

The scale is composed of four octaves, one fifth and one tone, but we are not
told the order in which the intervals should appear. According to the proposed
interpretation, the paradigmatic double octave, could be followed (in descending
order) by an intermediary interval of fifth (2304/1536), as being placed between
two sets of double-octaves (near the paeramesé/mesé symbolizing the World-
Soul). Thus, we will have another double octave (from 2304 to 9216, or be-
tween 6 and 24), which portrays the model of the harmony of the physical uni-
verse, the harmony of the spheres (usually represented in the Middle-Ages and
the Renaissance with the scale that comprises the systema teleion or Perfect Sys-
tem of 15 notes plus one extra tone = A (the note called proslambanomenos cor-
responding to the sphere of the Moon).® The last exira tone (27/24 or
10368/9216) symbolises the Earth, and was usually represented with a letter G
or gamma “T™”, the origin of the word “gamut” (scale) in English (gamma + ut;
ut = C). This note, for example, corresponds to Thalia in the scale of the Muses
in Ramos de Pareja (Ramis of Pareia).”

Therefore, the logic of the scale is manifested if we divide the 4 octaves: 4 x
2/1) in two octaves on one side of the fifth, and another two on the other side
(each double octave would be represented with the ratio 4/1)":
4x3/2x4x9/8=27

We have, in this way, two double octaves joined by a fifth as mediating in-
terval plus a tone. Our interpretation of the scale, centred around an intermediate

be of the first square (4°) and the square of the first cube (8%); see The Heirs of Plaio: A Study of the
Old Academy, 347-274 BC (Oxford 2003) 24,

3 Crhe depiction of this system in Ptolemy, Harmonics, 2.4.1 ff. (50.10), especially the diagram in
Barker’s translation in (n. 23 above}, 327. For the note of the Moon = A, see Aristides Quintilianus
De Musica, 11, 21 [120, 30 and 123.2] and for a different interpretation of the proslambanomenos as
the Earth note see Plutarch, de procr. an. in tim. 1028 F 6 — 1029 A 4.

¥ Gee the diagram in J.Haar, The Science and Art of Renaissance Music, (ed. by P. Comeilson)
(Princeton 1998} 83. See also Robert Fludd’s monochords (Ttriusque Cosmi Maioris (1617), p.90
and p.100; cf. Anatom. Amphit. Effig. Trip. (1621), p. 314-15), where I' = Terra = 10368 (the last
number of the Timaeus progression) and Zarlino’s Diagram, in the Appendix 2 below, with T’ =
10368.

0 The ratio of the aclave is 2/1, then two octaves is = 4/1 (2x2), four octaves = 16/1 (2x2x2), ete.
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interval of a fifth (and the mesé at 2304) has the advantage of showing how the
structure of the scale can portray Proclus’ or other Neoplatonists’ metaphysical
and symbolic conception of music, taking into account the proportions and the
symbolism of the numbers mentioned in the previous page.

The first double octave can symbolize the Teirakfys that corresponds to the
Intelligible (the main Tetrakiys that is the Decad): this is the level of Paradig-
matic harmony:*!

12314
e’’e” a e
mi’”’ mi*’ la” mi’

The fifth (3/2) in the middle position, between the numbers 6 and 4 (6/4 =
3/2), marks the passage from the archetypal level to the level proper to the
World-Soul and the World contained paradigmatically in the World-Soul. Both
these levels appear respectively represented in the following double octave,
which contains a first octave (the fefraktys of 36 = 35 + 1 = 6+8+9+12+1; cf.

Nicomachus of Gerasa, Harm.ench.7.10 and Excerp.7.19, p. 279 Jan):
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and a second octave that is the result of the duplication (octaves) of the previous
numbers:

12 16 18 24
A E D A,
LA MI RE LA,

We only need one tone (9/8) to complete the scale, and this corresponds to
the note G, (SOL,) and number 27.% There is a tone (9/8) between the last num-
ber 27 and the previous number 24 (27/24 = 9/8); this is the last part of the Scale
of the World-Soul that represents in turn the beginning of the sensible World.

1 We use the following convention (Helmholtz) for naming the different registers of the octaves: C;
— B (contra octave); C — B (great octave); ¢ — b (small octave); ¢” — b’ (cne-line octave); ¢’ — b’
(two-line octave) and c’** — b*** (three-line octave); we add also the traditional latin notation for the
solfeggio: Do, Re, Mi, Fa, Sol, La, Si.

4 I the previous paragraphs I have been using the original numbers of the Timaeus; they corre-
spond to 384; 768; 1152; 1536; 3072; 3456 and 10368.



Sebastian F. Moro Tomese 101

As Jamblichus says, 27 is a cubic number (a solid number), which in a planetary
scale of the Harmony of the Spheres could correspond to the Earth.®

In conclusion, the last two lower octaves + one tone in the scale of the 7i-
maeus correspond to 16 terms or notes; the rest of the scale that comprises the
two higher octaves and the central fifth makes 18 notes. The reason for this divi-
sion is also to show the analogy with the Universe. According to Proclus 16 be-
ing the double of 8 is related to the Sirens, that in the Republic correspond to the
8 spheres of the planets; then the last part of the Timaeus scale represents the
sensible world and its principle of unification in the Soul.** The number 18 on
the other hand is the double of 9 and is related to the Muses, the principles of
the intellective Harmony that circle around Apollo (represented in the Unity).

Accordingly, the higher octaves of the scale represent the intelligible Har-
mony and the first note the Monad analogous to Apollo and the Intelligible Sun.
There is an intermediate fifth (1536-2304) contained in this set of 18 notes. The
fifth corresponds to number 6 (or the relation between 6 and 4), connected in
Pythagoreanism with the nature of the Soul, showing the circular return and me-
diation of the Soul, in the transition from the octaves between 384 - 1536 (e’ —
e’) to the octaves between 2304 - 9216 (a — A,). The fifth marks in this way the
passage from the Intelligible to the sensible.

The paradigmatic relation between the world, the World-Soul and numbers
is such that what is seen in numbers and their musical properties is also seen in
the structure of the world. The diffusion of monad, dyad, triad, tetrad, pentad,
decad, etc., through all levels of existence expresses not only the continuity of
the structure and its harmony, but also the applicability of mathematical and
musical concepts for expressing the metaphysical characteristics proper to the
Henadic level. The vertical and descending structure of the musical scale of the
Timaeus as a whole represents for Proclus, not only those levels of reality and
their ontological peculiarities, but also an ontological subordination of these
levels, expressed according to musical intervals joined together in a “systema”
of notes (and as levels in the different octaves of the scale). The divisions of the
scale into double octaves, fifth and tone, portrays a causal derivation going from
higher to lower notes, symbolizing the descent from an Apollonian Mcnad,
which corresponds analogically to the ultimate One, down to the material world
and its audible harmony. A detailed working of the musical derivation of reality
is not always presented explicitly, but it is clear that the tetraktys —understood
as an intermediate dynamis between, on the one hand, true Being and the per-
manence of the Monad, and on the other hand, the energeia of the Decad—, rep-

4 For a more detailed study of Proclus’ interpretation of the scale of the Timaeus see S.F. Moro
Tomese, Philosophy of Music in the Neoplatonic Tradition: Theories of Music and Harmony in
Proclus” Commentaries on Plato’s “Timaeus” and "Republic”, doctoral thesis (Royal Holloway,
University of London 2010).

W Cf. In Timaeum 11.234.1 ff. and 11, 208.9; 210.24; 234.22,
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resents the source of the harmonious flow of numbers and notes from the pri-
mordial Unity. Accordingly, the harmony of the World-Soul represented in the
scale can be studied in the context of Proclus” Neoplatonic views, as a senorous
support for a symbolic contemplation of metaphysical principles. The dynamic
musical mirror (musica speculativa or speculum musicae) of the World-Soul
displays the interaction between the Paradigm of the Timaeus —understood as
encompassing the unitary manifold of true Being within its intelligible life—
and the intellective creativity of the Demiurge. Harmony is thus the expression
of the connectedness of all life.
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Appendix 1
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* Not included in Proclus, they are doubles of 2048. T = tone (9/8); L = leimma (256/243).
AM = Arithmetic Mean; HM = Harmonic Mean. This diagram shows the double progression on the
left side and the triple progression on the right side with all the terms mentioned by Proclus.
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Appendix 2
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Zarlino, Le Institutioni Harmoniche, 104, Venice, 1558

Zarlino presents the double octave + tone with the Timaeus’ numbers, those
used by Proclus and Timaeus of Locri, and depicted it as the Pythagorean dia-
tonic. While we don't mean to present Zarlino as evidence for an explanation of
Proclus’ interpretation, we present this diagram in order to show how the
fifth+double octave+tone arrangement is similar to Proclus’ explanation of the
Timaeus scale. Although the comparison between Renaissance scales and the in-
terpretation of the scale of the Timaeus in Proclus, shows very interesting simi-
larities, we are aware that the comparison is not sufficient to validate an inter-
pretation of Proclus’ text. Nevertheless, it is fruitful to study Medieval and Re-
naissance and planetary scales and their visual representations — such as those
in the works of Gafori, Ramis de Pareia and Robert Fludd, for example.*’ For
these authors explicitly continue a long Neopythagorean tradition both in Latin,
including Boethius, Macrobius, Martianus Capella the sources mentioned above,
following and in the Greek authors known to philosophers such as Ficino.

4 Cf. J. Haar (1974) “The Frontispiece of Gafori’s Practica Musicae (1496)”, Renaissance Quarter-
Iy, Vol. 27, No. 1 (Spring), 7-22 (also included in Haar, 1998, n. 39 above).





